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A semigroup (S,*) is said to satisfy the right [left] Ore condition
if for all a,b £ 5~{0} there exist x,y € S~{0} such that ax hy[xa = yb]
where 0 denctes the zero of & if it exists. A seminear—r'mg (S,+,*) is said
to be an almost multiplicatively cancellative semlnear-ring if there exists an
a e S such that (5~{a},+) is a cancellative samlgroup, a seminear-field if
there exists an a' € S such that (S™a'}l,*) is a group. Let S be a semiring.
Then an element (a,b) £ S%S is said to be a unitive pair if for all x,y € §
there exist u,v,u',v' € 5 such that axt+by+u = x+v, ay+tbxtu = y+v, xa+yb+u' =
w+v' and xb+yatu' = yiv'. If a semiring S5 contains a unitive pair, then 5 is
said to be a unitive semiring. A w tlve semiring S is said to be exact if
for any unitive pair (a,b) € Sx all distinet x,y € S there exist
U,V,Z,W,z",w' € 5 such that v+yu+z = btw, ux+vy+z' = atw' and
uy+vx+z' = b+w'. A semiri o be a skew ring if (R,+) is a
group. A skew ring R is s of right [left] differences of
a semiring S if there exis® snom@rphismeims®S + R such that for all x € R
there exist a,b € S such o, i(R) - LM’"‘*--. (b)+i(a)]. A monomorphism
i : 8§ + R satisfying the 3j ﬂ'::»e ry 1s, 8 0 be a right [left]
difference embedding. .

Theorem 1. Let (S,+,-3®bhe e st 3 :'fa -+ ly cancellative
Seminear-ring. Let a e is a cancellative semigroup.
Then exactly one of thg (1) %a = ax = a for all

uch that ab # a or ba # a.

(4) ax # a, ax #
S and 52 = a" for all

x £ S. (2) a = a and tjffrs
(3) a° # a and there exis
and xa # % for all x € S
n e 21}

If S satisfies (1)
Classification A, B, (G} 0D

5), then S is called a

A, respectively.
Theorem 2. Let (5,+,‘% ind ar-ring w.r.t. some
element of S such that']“ - §3ME the right [left] Ore
condition, then S can B embedded into a semine ield with a category I
special element and not into any other-iﬂtegory of seminear-fields.

Theorem 3. If 8 ‘H 1%&% ﬁm:fqairmg w.r.t. a such
that a is not le r a Classification E

seminear-ring w.r. some elementgof S such ha‘t |s] a}hen 5 cannot be

S TSI T -

Theorem k. E:t S be a semiring having D(S) as its skew ring of right [left]
differences and i : § + D(S) the right [left] difference embedding. Then (1)
D{S) has a multiplicative identity if and only if S is a unitive semiring,
(2) for any (a,b) € sx8, i(a)-i(b) is a multiplicative identity of D(S) if
and only if (a,b) is a unitive pair and (3) D(S) is a skew field if and only
if S is exact.
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INTRODUCTION

In this thesis we consider two _\;nain problems. In [1] the
concept of a semifield was generalized. In [2] the concept of an almost
multiplicatively cancellati ey §¢ ing was given and the structure of

f ings was studied so that the

problem of when an alEGst.indlt igh iﬁﬁﬂﬂellﬁtiw semiring can be

embedded into a sa d |be ansi {H In [3] the concept of a

seminear-field was gg oroblem we study is the concept

of an almost multiplj minaar—rmg and the problem

of whether or not it 4 > '@ seminear-field.

In [4) somé thFogedms | wEre. ‘ ¢ skew rings of right [left]
differences of semiring§. e ‘i_ L prablem we study is to prove
additional theorems for ske

In Chaptgl

and recall some Bj_ ' AY |

‘ Tl
I, we study the structu o of almost multiplicatively

cancellative ? xamples.
E@ﬂa ﬁﬂﬁm‘-ﬂjﬂ ther or not an almost

multi W %B!eﬂ into a

szm;m:iiﬁj @qmmke t ow whe or not an almost

multiplicatively cancellative seminear-ring has a quotient saminear-—field

right [left] differences of semirings.

1 s, give definitions

In Chapter

with respect to a given category of seminear-fields.
In Chapter IV, we shall prove some theorems for skew rings of

right [left] differences of semirings.
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